The concepts of Bernoulli numbers B n , Bernoulli polynomials B n (x), and the generalized Bernoulli numbers B n (a, b) are generalized to the one B n (x; a, b, c) which is called the generalized Bernoulli polynomials depending on three positive real parameters. Numerous properties of these polynomials and some relationships between B n , B n (x), B n (a, b), and B n (x; a, b, c) are established.
Introduction.
It is well known that Bernoulli's numbers and polynomials play important roles in mathematics. They are main objects in the theory of special functions [5] . Their definitions can be given as follows. The usual definition of higher-order Bernoulli polynomials is In [2, 4] the second and third authors generalized the concept of Bernoulli numbers as follows. 
Among other things, some basic properties and relationships between B n , B n (x), and B n (a, b) were also studied in [2, 4] initially and originally.
In this note, we first give definitions of the generalized Bernoulli polynomials, which generalize the concepts stated above, and then research their basic properties and relationships with Bernoulli numbers B n , Bernoulli polynomials B n (x), and the generalized Bernoulli numbers B n (a, b). 
Definitions and properties of generalized
Proof. Applying Definition 1.3 to the term t/(b t − a t ) and expanding the exponential function c xt at t = 0 yields
Combining (2.6) and (2.1) and equating their coefficients of t n produces formula (2.3).
The following two formulae were provided in [2, 4] : Proof. Formula (2.9) follows from standard arguments and induction.
Integrating on both sides of (2.9) with respect to variable x for = 1 gives formula (2.10). Proof. By the definition of the generalized Bernoulli polynomials, we have
14) 
Similarly, from (2.9), it follows that
Actually, the Bernoulli polynomials B i (t), i ∈ N, are uniquely determined by formulae (2.19) and (2.20) , see [1, identities 23.1.5 and 23.1.6] or [5] . Remark 2.11. At last, it is pointed out that the Bernoulli and Euler numbers and the Bernoulli and Euler polynomials can be further generalized to more general results in this manner. These conclusions will be published in some subsequent papers.
